3aBaanns 1 3MIHUTU NOPSIAO0K IHTETPYBaHHS:

2 X 3 \/9—7
1.1. j dx j f(x,y)dy 1.2. j dx j f(x,y)dy
1 2x—x? 0 3 x
2 xJ/3 1 1-y
1.3. j dxj f(x,y)dy 1.4. j dy j f(x,y)dx
0 X 0 _W
a 2ax—x?2 4 N,
1.5 I dx j f(x,y)dy 1.6.I dx I f(x,y)dy
a 0 0 8x—x?
2
Vﬁ VR?-y? 2 y-2
1.7. jdy j f(x,y)dx 1.8.j dy j f(x,y)dx
0 y -1 y?-4
e?  Inx 2 y
1.9. [ dx [ f(xy)dy 1.10.[ dy [ f(xy)dx
e 1 1 1y
a 2ax 2 2x-x?
111 [ dx [ f(xy)dy 1.12.[ dx [ f(xy)dy
0 \ 2ax—x?2 1 2—X
3 25—x2 1 y
1.13.{ dx j f(x,y)dy 1.14.jdy j f(x,y)dx
0 Jox2 -2 -y
a Aax 1 X2
115..' dxj f(x,y)dy 1.16.J' dxj f(x,y)dy
0 X 0 x3
a 2ax—x> 2 2-y
1.17. jdx j f(x,y)dy 1.18.j dy j f(x,y)dx
a 0 —6 y:_l
2 4
2 2X 1 \/Q
1.19.j dxj f(x,y)dy 1.20.] dy jf(x,y)dx

0 X 0 y2
2



a
e 1 E Jaax
1.21j dxj f(x,y)dy 1.22.jdx jf(x,y)dy
1 Inx 0 Joax—4x?
1 1il-y? 1 1-y1-y?
1.23.Idy jf(x,y)dx 1.24.jdy jf(x,y)dx
0 2-y 0 -y
T sinXx 2 X
1.25. [dx [ f(x,y)dy 1.26.[ dx [ f(xy)dy
0 0 1 J2x—x2
3 Jox? 2 xJ3
1.27.] dx j f(x,y)dy 1.28.J' dxj f(x,y)dy
0 3 x2 0 X
1 1-y a  +2ax—x?
1.29.I dy J. f(x,y)dx 1.30._[ dx I f(x,y)dy
0 _Ji-y? a 0
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3apnanna 2. [loOyayBatu obGnacth D Ta oOuncnuTu MOABIMHUMN

1HTerpan JJ. f(x,y)dxdy.
D

2.1. f(x,y):iz,D:x:4,y:2,y:2x.

y

2.2.f(x,y)=sin(x+y),D:y=0,y=x,Xx+y=r

2

2.3.f(x,y)=xy,D:x+ y:2,y+1:XT.
2.4 F(x,y)=xy3,D:y=x>-2,y=x.
25.f(x,y)=x?-1,D:x=2,y=X,y=+/3x.
2.6.f(x,y)=2x+1,D:y%2=x+1x=0.

2.7.5(x,y)=— y
X° 4y

,D:2y:x2,y:x.

2

2.8.f(X,y)=x+2y,D:y?2 =x+4,y=x+2.

29.1(x,y)=4/9+x+y,D:x=0,y=0,x+y=3.
2.10.f(x,y)=eY,D:x=0,y=Inx,y=1y=2.

2.11.f(x,y)=y+x2',D:x=1,x=2,y:0,y=3x.



2.12.f(x,y)=x%y,D:y>0,x% +y2 — 2ax=0.

2.13.f(x,y)=xy?,D:x=0,x=—2ay — y°.

2.14.f(x,y)=x-y,D: y+x®=2,y+1=2x.

2.15.f(x,y)=l2,D:xy=1,y:x,x=3.
X

2.16.f(x,y)=x3y,D:x=0,y=1y% =x.
2.17.f(x,y)=x\/§,D:y:xz,y+3x2 ~1.
2.18.f(x,y)=y 2+x,D:y=x%x=y?.
2.19.f(x,y)=xy,D:y=+2x—x?,y=0.
2.20.f(x,y)=x3y,D:x=+/4y - y? x=0.
2.21.f(x,y)=x%y,D:y=x,y=2—x°.
2.22.f(x,y)=x+2y,D:x=0,y=x,y=2—-x>.
2.23.f(x,y)=3y—x,D:y=0,y=x,x> +y—2=0.
2.24.f(x,y)=x%y,D:x%+y? =4

2.25. f(x,y)=y+x,D:xy=6,x+y="7.

2.26. f(x,y):iz,D:x:4,y=2,y=2x.
y

2.27. f(x,y)=sin(x+y),D:y=0,y=X,X+y=r
2
2.28 .f(x,y)=xy,D:x+ y:2,y+1=XT.

2.29.f(x,y)=xy>,D:y=x%-2,y=x.
2.30.f(x,y)=%x2-1,D:x=2,y =X,y =+/3x.

3apaanna 3. OO6umcimtu moABikHmE imTerpanm [ f(x,y)dxdy,

BHUKOPUCTOBYHOYHN HOJ'IHpHi KOOPpAHWHATHU.

3.1. f(x,y)=yx2 +y?,D:x%>+y?=2a%,y>x,x=0.
3.2. f(x,y)=y+1D:x%+y?=2x,y>0.

1
33 f(X,y):W

3.4. f(X,y)=2x—-y+4,D:(x-2)>+y? =4

,D:1£x2+y2£9.



3.5.

3.6.
3.7.
3.8.
3.9.

3.10

3.11.
3.12.
3.13.

3.14.
3.15.

3.16.
3.17.

3.18.
3.19.
3.20.

3.21.
3.22.

3.23.

3.24.

3.25.

3.26.
3.27.

3.28.

f(x,y):3—x—y,D:x2 +y2 =2y.
f(x,y)=\/R2—x2—y2,D:yZX,x2+y2 <R? x>0.
f(x,y)=2—3x,D:x2 +y2 <2,y >~/3%,y > —x.
f(x,y):1+2y,D:x2 +y2 +6y<0,x<0.
f(x,y):xyz,D:x2+y2 22x,x2+y2 < 4X.

f(x,y):w/x2+y2—4,D:x2+y2 24,x2+y2 <9.
f(x,y):w/9—x2—y2,D:x2+y2 <9.

f(x,y):xy,D:x2 +y2 —-2y=0,y=X,y=—X.

f(x,y):y,D:x2+y2 22y,x2+y2 >4y.

f(x,y)=xyx?+y2,D:(x?+y?)2 =4(x? —y?),x=0.
f(x,y):y+2x,D:x2 +y2 <1,y >0,y <~/3x.

f(x,y)=x3yx2+y2,D:(x?+y?)? =9(x? —y?),x<0.1
f(x,y)=x2+y2,D:x2+y2 = 2ay.

f(x,y):; D:y:\/4—x2,y:0.

x2+y2+1’

f(x,y):x+3y,D:x2 +y2 =1,y >—X,y >~/3x.

O3 Ee—
w/x2+y2
f(x,y):ln(x2+y2),D:e2 3x2+y2 <e
1
f(x,y):ﬁ,D:(x2+y2):x2—y2.
1+x°+y

,D:4£x2+y2s9.

4

f(x,y):;,D:x2+y2:1,x£O,y20.
X +y
f(x,y)= Xy ,D:1£x2+y2£4.

X2+y2

f(x,y)=x%+y2,D:x% +y? =4x.

f(x,y):\/x2 +y2,D:x2 +y2 =2a2,y2x,x:0.
f(x,y):y+1,D:x2 +y2 =2X,y >0.

F(xy)=

w/3x2 +3y2

,D:1£x2+y2s9.



3.29. f(x,y)=2Xx-y+4,D:(x-2)2+y? =4.
3.30. f(x,y)=3-x-y,D:x%+y?=2y.

3aBpnannsa 4. 3HalTH KOOPAMHATH LIEHTPA Baru IJIOCKO1 (QIirypu mpu
3aJIaHOMY PO3IOALIN I'YCTUHHU P:

4.1. x=+/6y—y? x=0,p=const.

X2

4.2. x2+y239,yzg—?,p:y.

4.3. y=v2x—x2,y=0,p=x.

4.4, y> =x+4,y=x+2,p=const.

4.5. x+y 2y \/2x x2,p = const.
4.6. x* +y® =R%,y2x,x20,p=xy.
4.7. y:4\/§,y:\/8x—x , p = const.
48. y=x2,y=x3,p=y.

2
4.9, x+1:y7,x+y:2.
4.10. x2 +y%2 —2y=0,y<l,p=V.
4.11. x2 +y2 =2x,x>1,p=x.
4.12. 2x=y? x=+3-y% p=
4.13. y? =4x+4,y> =—2x+4,p=x>.

4.14. x+y=1x=—1-y?,y>0,p = const.

4.15. y=—2ax—x?,y=0, p = const.

4.16. x? +y%2 =6x,y=0,y —x=0, p = X.
4.17. y=sinx,y>0,7> x>0, p=const.

4.18. y=3x2,y—-12x=0, p = xy.

4.19. x2 +y%2 =6y,x=0,x=Yy,p=V.

4.20. X2 +y2 =4x,x=0,y=X,p =Y.

4.21. 2y =(1-x)?,x% + y?> =1,x=0, p = const.
4.22. x> +y? =4,y>0,y</3x, p=x.

4.23. y=Inx,y=0,x=¢, p =const.



424, y=x,y+x°=2,p=2y.
4.25. x> +y? =4,x>0,y >3, p = 2y.

4.26. x=+/6y — y2 ,X=0, p=const.

X2

3
4.27. x2 +y2<9,y>>_2_ 5=y,
y y 56 prL=Y

4.28. y=\/2x—x2,y=0,p=x.

4.29. y? =x+4,y=x+2, p=const.

4.30. x+y=2,y=1/2x—x2,p = const.

3aBaanns 5. BuzHauuTtu 00'em Tija, 00MEKEHOT0 MOBEPXHIAMMU:

5.1. 2(x? +y2)=9z,x% +y? +2% =0.

5.2. 2=8-x%-y? z7=4.

5.3. 22 =x% +y?,2=6-x>—y2.
5.4.127=x% +y? x? +y% +2?% =64.

5.5. 42=x% +y?,x% +y? = 4x.

5.6. z:l,z:\/25—x2—y2,x2+y2 =16,(x% +y?)<16).
5.7. x? +y2 =2y,2=2y,z=4y.

5.8. x2+y? =22 x2+y?+2°% =4z
5.9. x% +y? +2° :9,z=\/(x2+y2)/8.
5.10. x+z=427=x% +y?.

5.11. z=28-x? —y?,2=12\/x% + y?.

5.12. z:\/36—x2 —y?,2=1,x% +y? =27,(x? + y? <27).

5.13. z=x% + y% x® + y% + 22 =g.

5.14. 2z=x%+y? 7% =x? +y2.

5.15. x2+y? +22 =4,x% +y2 =1,(x? +y? >1).
5.16. x2+y% +2% =42x=x> +y? (x® +y2 < 2x).
5.17. z=x% +y2,2=2(x%> + y?),z=8.

5.18. x% +y? +2° =144187 = x° +y2.

5.19. z=x%,2=0,y=2x,Xx+y=T7.



5.20. X2 +y2=9,2=0,X+Yy+2=6.
5.21. 2=0,z=4-x%,x% + y? =4.
5.22. 62=x%% +y? ,x? +y? + 2% =16.
5.23. 7=6yx? +y?,2=16—x% — y2.
5.24. 7=0,x> + y? =2ax,x% + y? =z,
5.25. z=2x,2=0,x% + y? = 2ax.

5.26. 2(x% +y?)=9z,x> +y% +2° =0.
5.27. z=8—x2—y2,z:4.

5.28. 22 =x% +y?,2=6-x° —y?2.
5.29. 12z =x% +y? x? +y2 +z% =64.
5.30. 4z=x%+y? x% +y? =4x.

6. 3HaifTu Macy Ty 3a 3aJ]aHOi IIITBHOCT1 p(X, Y, Z). !

6.1.x°2 +y2 + 72 =2Rz,p=1.

6.2.x% +y2 +22=1,x% + y? s%,pzy\/x2+y2+22.
6.3.x+2y+3z=6,x=0,y=0,2=0,p=.
6.4.x2+y?+22=1x2+y?+2%2=4,p= L .
\/x2+y2+z2
6.5.x2 +y2 +22=4x%>+y2 +2%2=9,p=x% +y2.

6.6.32=x>+y%,2=3,p=x% +y°.

6.7.x%2 +y2 =2x,2=0,2=2y, p=2:x? + y2.
6.8.22=x+y2 x?+y2+2%2=3,p=(x+y+2)>.

6.9.x° +y2 472 =1,x2 +y2 =z2,xzo,yzo,zzo,p:4z.
6.10.x2 + y2 =1,x— 2y +32=0,2=10, p = 2x° + z°.
6.11.z=x>+y2,2=0,x> +y%2 =1, p=x%y?.

6.12.x° +y2 +2=4,2=0,p=3z.

6.13.x% +z2 =y?,y=1,p=x% + 2°.
6.14.x%> +y? =22 =1,7=0,2=1,p=x% + y°.
6.15.x2 +y2 +2=9,2=0,p=x% + y2.



3HaTH KOOpPAWMHATH IIEHTPY Baru Tida 3a 3aJaHOi IIIJIBHOCTI
p(X,Y,2).
6.16.x2% + y2 +2%2-16,x° + y2 =322,x20,y20,220,p:z.

6.17.25(x2 +y2)=2%25(x? +y?)=2,x>0,y >0, p = yz.
6.18.x% + y? +22 =R?,2>0,p=1.
6.19.x+y+2=10,x=0,y=0,2=0,p=2°.
6.20.x=4—-y? — 7% ,x=0,p=2X.

6.21.z=+x%2 +y?,2=2,p=12°.

6.22.x% +42% =4y,y =2, p=const.

6.23.x% +y? =4z2,2=2,p=1.

6.24.x% + y% =4,x%> + y?> =82,x>0,y>0,2>0,p = X.
6.25.x%2 +y? +22=9,x2 +y? <4,2>0,p=1.

6.26. x2 +y2 +22-16,x2 +y2 =322,x20,y20,220,p:z.
6.27.25(x% +y2)=2%25(x? +y?)=2,x>0,y >0, p = yz.
6.28.x% +y2 +22=R?,2>0,p=1.
6.29.x+y+2=10,x=0,y=0,2=0,p =22
6.30.x=4—-y? — 7% ,x=0,p=2X.



